
 

⎩
⎨

⎧𝑃(௫,௬) = 𝑦ଶ − 3𝑥ଶ   →     
𝜕𝑃

𝜕𝑦
= 2𝑦

𝑄(௫,௬) = 2𝑥𝑦           →     
𝜕𝑄

𝜕𝑥
= 2𝑦

   =>    
𝜕𝑃

𝜕𝑦
=

𝜕𝑄

𝜕𝑥
   =>    𝑒𝑥𝑎𝑐𝑡 

 

න(𝑦ଶ − 3𝑥ଶ)

௫

௫బ

𝑑𝑥 + න 2𝑥଴𝑦𝑑𝑦

௬

௬బ

= 0 

[𝑦ଶ𝑥 − 𝑥ଷ ฬ
𝑥

𝑥଴
+ [𝑥଴𝑦ଶ ฬ

𝑦

𝑦଴
= 0 

𝑦ଶ𝑥 − 𝑥ଷ − 𝑦ଶ𝑥଴ + 𝑥଴
ଷ + 𝑥଴𝑦ଶ − 𝑥଴𝑦଴

ଶ = 0 

ଶ ଷ  
 

 

 

 

 

 

 



 

⎩
⎨

⎧𝑃(௫,௬) = 𝑥 + 𝑦      →       
𝜕𝑃

𝜕𝑦
= 1

𝑄(௫,௬) = 𝑦 − 𝑥      →    
𝜕𝑄

𝜕𝑥
= −1

      =>        
𝜕𝑃

𝜕𝑦
≠

𝜕𝑄

𝜕𝑥
   =>   𝑛𝑜𝑡 𝑒𝑥𝑎𝑐𝑡 

(𝑥 + 𝑦)𝑑𝑥 − (𝑥 − 𝑦)𝑑𝑦 = 0   =>     ቊ
𝑃(௫,௬) = 𝑥 + 𝑦  →     𝑃(௧௫,௧௬) = 𝑡𝑥 + 𝑡𝑦 = 𝑡(𝑥 + 𝑦) = 𝑡𝑃(௫,௬)

𝑄(௫,௬) = 𝑥 − 𝑦  →     𝑂(௧௫,௧௬) = 𝑡𝑥 − 𝑡𝑦 = 𝑡(𝑥 − 𝑦) = 𝑡𝑄(௫,௬)
 

൜
𝑃(ଵ,௭) = 1 + 𝑧

𝑄(ଵ,௭) = 1 − 𝑧
    =>    𝐹(௭) =

௉(భ,೥)

ொ(భ,೥)
= −

௭ାଵ

௭ିଵ
    =>     𝐹(௭) − 𝑧 = − ቀ

௭ାଵ

௭ିଵ
+ 𝑧ቁ = −

௭మାଵ

௭ିଵ
    

1

𝐹(௭) − 𝑧
 =  −

𝑧 − 1

𝑧ଶ + 1
  =   − ൬

𝑧

𝑧ଶ + 1
−

1

𝑧ଶ + 1
൰   =   

1

𝑧ଶ + 1
−

𝑧

𝑧ଶ + 1
 

 

න ൬
1

𝑧ଶ + 1
−

1

2
∙

2𝑧

𝑧ଶ + 1
൰ 𝑑𝑧 = ln 𝑥𝑐      =>       arctan(𝑧) −

1

2
ln(𝑧ଶ + 1) = ln 𝑥𝑐      => 

arctan ቀ
𝑦

𝑥
ቁ −

1

2
ln ቆ

𝑦ଶ

𝑥ଶ
+ 1ቇ = ln 𝑥 + ln 𝐶     =>      arctan ቀ

𝑦

𝑥
ቁ − ቈ

1

2
ln

𝑥ଶ + 𝑦ଶ

𝑥ଶ
+ ln 𝑥቉ = ln 𝐶 

arctan ቀ
𝑦

𝑥
ቁ − ൥ln

ඥ𝑥ଶ + 𝑦ଶ

𝑥
+ ln 𝑥൩ = ln 𝐶 

arctan ቀ
𝑦

𝑥
ቁ − ln ൭

ඥ𝑥ଶ + 𝑦ଶ

𝑥
∙ 𝑥൱ = ln 𝐶 

arctan ቀ
𝑦

𝑥
ቁ − ln ඥ𝑥ଶ + 𝑦ଶ = ln 𝐶 

 


